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The Modeling Effort
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Fully Decomposed Supply Chains

We focus on a reasonable subset of the supply chains, that we call Fully
Decomposed Supply Chain(FDSN) satisfying the conditions:

C1. Each plant in the network produces a single material/product and each plant
in the network has a direct or indirect contribution to the final end product.

C2. No product requires itself for its production at any stage of the manufacturing
process.

C3. There are no loops in the supply chain network. In other words, a supplier can
never appear to be the buyer of the plants that sit at later stages of the
production.
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Modeling the FDSN process - 1

We then model an instance of the FDSN by a triple (G ,F ,C ) where,

G = (V ,E ) is a graph modeling the plants(V) and the trading relationships(E).
The edge set E obeys analog of the conditions C1, C2 and C3.

The vertex set is made up as V = {v0} ∪
(

k⋃
j=1

Vj

)
where v0 is modeling the

final end node and Vk is modeling the set of plants producing the same
product.

C : E → [0, 1] records the instant trading amounts. These are normalized so
that each product’s output totals to 1 units. With this normalisation, 1 unit of
final end product depends on 1 unit of each product type in the network

F : V → [0, 1] models the functionality of each plant.
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Modeling the FDSN process - 2

Given a probability space (Ω,F ,P) and (Ft)t∈[0,T ] a filtration of the σ-algebras Ft

we define an adapted stochastic FDSN process by Nt = (G ,Ft ,C ) where,

Ft : Ω× V → [0, 1] such that for each v ∈ V , Ft( , v) is a stochastic process
adapted to (Ft)t∈[0,T ].

Nt(ω) = (G ,Ft(ω, ),C ) is required to be a FDSN instance for every choice
of t ∈ [0,T ] and ω ∈ Ω.
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Rules of Diffusion & Production rate of the plants - 1

We require two rules for a node to produce;

They need to be functional

They should have non-zero supplies for all its product dependencies.

We define the production rate potential of each plant as a stochastic process
Pt : Ω× V → R+ via the following recursion,

Pt(ω, v) = Ft(ω, v) ∀v s.t. Sv = ∅,

Pt(ω, v) = min

(
Ft(ω, v),

{ ∑
v̂∈Sv∩Vi

(
Pt(ω, v̂)

( C (v̂ , v)∑
v̂∈Sv∩Vi

C (v̂ , v)

)) ∣∣∣∣ i = 1, 2, .., k

})
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Rules of Diffusion & Production rate of the plants - 2

This figure exemplifies an FDSN instance taken at a time t ∈ [0,T ]. Lets make an
exercise of calculating the production rate of the final node for the case where the
nodes 3 and 5 are fully disrupted and all of the remaining nodes are functional.
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Modeling the Impact - NatCat friendly way

We consider the arrival of a hazardous event H at time 0 of [0,T ] and
condition all the analysis on this event.

Let dv ∈ R+ ∪ {0} be a random variable that is the down time associated with
each node v . If the node is not impacted the down time is set to 0.

The impact is then built in the functionality process as,

Ft(ω, v) = 1{t≥dv (ω)}
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Loss ratio in production - 1

Each ω ∈ Ω will realize a random list of downtimes. Let d0, d1, ..., d|V |−1 be
the ordered statistics of the realized downtimes {dv (ω)}v∈V with
0 ≤ d0 ≤ d1 ≤ ... ≤ d|V |−1 ≤ T

For each v ∈ V , the functionality Ft(ω, v) remain static on the intervals
[di−1, di )

The same feature is carried over to the production rate Pt(ω, v) through the
recursion.
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Loss ratio in production - 2

Hence the loss ratio in total production can be defined and simplified as,

L(ω) = 1

T

T∫
0

(1− Pt(ω, v0))dt = T −
|V |−1∑
i=1

(di − di−1)Pdi−1(ω, v0).

The expected loss ratio in total production conditioned on the hazard H would be
then,

E[L|H] = E
[
T −

|V |−1∑
i=1

(di − di−1)Pdi−1(ω, v0)
∣∣H].
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Implementation of the Propagation Model
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Summary of the Implementation

The numerical implementation will focus on earthquakes.

We fix a synthetically generated FDSN process and use HAZUS earthquake
model for the hazard component.

For each event H from a catalog of events H and for each building type,
business type HAZUS eartquake model provides a conditional distribution of
the down times.

We populate a sample of down times and calculate the associated loss ratio L
for each and perform Monte-Carlo simulation to obtain E[L|H] for each H ∈ H
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A Synthetic Network
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Event Catalog &QuarterlyExpectedLossRatios

Table: The Event Catalog H

H1
Affected Node 2.1 4.1 7.1 10 13.2 15.1

PGA 0.220 0.190 0.250 0.140 0.140 0.100

H3
Affected Node 4 4.1 7 9 10.1 15.1

PGA 0.3037 0.194 0.1976 0.4222 0.1752 0.2417

H7
Affected Node 2 4.2 7 9 11 12

PGA 0.261 0.3514 0.1639 0.1152 0.4986 0.3995

H10
Affected Node 2.1 6 8 11.1 - -

PGA 0.3530 0.2060 0.4570 0.4120 - -

Table: Quarterly Expected Loss Ratio Corresponding to Events in Event Catalog

Event Capacity Q1 Q2 Q3 Q4

H1 Normal 19.4 3.2 1.6 0.0

H3 Normal 45.4 8.4 0.0 0.0

H7 Normal 64.3 27.6 13.3 2.8

H10 Normal 61.9 26.0 11.1 2.0
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Questions ?
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